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Hoat dong day va hoc Toan hoc cua hoc sinh pho thong
chu yeu la giai bai tdp, qua do hinh thanh va ren cho
hoc sinh cac ky nang glal todn - muc tiéu quan trong trong day
hoc mon Toan. Cac cong trinh nghién ciru vé phirong phap day
hoc Todn cua Nguyén Ba Kim (2015), Dao Tam (2()10) ghz
nhdn tri thite phirong phap nhie la phwong tién va két qua ciia
hoat dong. Ngoai ra, cac nghién ciru khdc ciing da quan tam
den ren luyén ky nang gidi todan cho hoc sinh, song cac nghién
cteu moi dimg 0 viéc ren ky nang gidi toan noi chung.

Bai vzet nay nghzen cteu, xdc dinh cac ky nang gidi toan ty
ludn, trdc nghlem canren luyen va dé xudt cdc phuong thirc rén
luyén ky nang giai toan vé ung dung dao ham de khao sat va vé
do thi ham sé cho hoc sinh 16p 12, véi dia diém nghién ciru cu
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thé la huyén Dién Bién Péng, tinh Pién Bién.

Tir khoa: Ky nang gidi toan; Ung dung dao ham; Khao sat
va v& d6 thi ham sd; Huyén Dién Bién Dong, tinh Dién Bién.

1. Dt vén dé

Day Toan ¢ truong Trung hoc pho thong (THPT)
khong chi 1a day kién thirc, ma con day k¥ nang, tu
duy va tinh cach. Trong d6, viéc hinh thanh va phat
trién cho hoc sinh (HS) cac k¥ ning Toan hoc la rat
quan trong, bdi ky nang 1a mot trong nhiing yeu cau
quan trong ddam bdo moi quan h¢ giilta hoc va hanh.
Day hoc sé khong c¢6 két qua néu HS chi blet hoc
thuoc cac dinh nghia, dinh Iy ma khong biét van
dung giai bai tap.

Thong qua gidi bai tap, HS phal thuc hién nhung
hoat dong nhit dinh bao gdm ca nhén dang va am
hiéu dinh nghia, dinh 1y, quy tac, phuong phap,
nhirng phép toan phirc hgp bang nhiing hoat dong
ngon ngit. Vi vay, rén luyén k¥ ning gidi toan cho
HS 1a mdt van dé quan trong trong day hoc, 1a mot
trong nhitng muc tiéu day hoc mon Todn, can phai
dugc tién hanh c6 ké hoach, c6 h¢ thong Thong qua
rén luyen k¥ nang, HS biét van dung kién thuc duogc
hoc vao luyén tap, tir do nam viing kién thirc, dong
thoi gop phan phat trién nang lyc tu duy, nhirng ky
nang can thict cho cudc song.

2. Téng quan nghién ciru

Trén thé gioi, dudi | gbc do tam 1y hoc dai cuong,
cac tac gia N.D. Lévitdp, A.G. Covahop, V.S.Kudin,
V.A. Krutetxki da nghién ctru ban chat, khai niém,

RY

quy luét hinh thanh ky nang. Trong lao dong san
xuat, cac tac gla V.V.Tsébuséva, K.K. Platonop,
G.G. Golubép cling nghlen cru quan niém vé ky
nang. Theo d6, k§ ning dugc hiéu nhy mot biéu
hién cua nang lyc con ngu:m trong mdi quan hé
gilta con nguoi voi mdy moc. Cac tac gia A.V.
Pétropxki, N.A. Menchinxkaia, G.A. CatXchuc lai
tap trung nghién ctru k¥ nang hoat dong su pham,
ky néng hoc tép cua HS. Theo ho, k¥ néng hoc tap
bao gom ky nang tu hoc, van dung sing tao kién
thirc vao thyc tién. Céc tac gia V. V. Davudop, D.B.
Enconhin, G.G Maculina thi nghién cuu viéc hinh
thanh ¢ HS cac k¥ nang hanh dong vdi mo hinh
trong hoc tap no6i chung va trong hoc tdp mon Toan
ndi riéng (Hai, 2001).

O Viét Nam, nghién cliiu Vé‘ van dé bai tap, ky
nang giéi bai tdp toan dugc nhicu tac gia quan tim
dudi goc do phuong phap day hoc todn, dién hinh
nhu: Pham Vin Hoan, Hoang Chung, Nguyén Ba
Kim, Vi Duong Thuy da dya trén tu tudng cua
G. Polya da xem xét viéc hinh thanh phuong phap
chung dé gidi bai toan. Trong cdc luan van, mot
sO tac gia da de cap dén viée: “B01 dudng cho HS
THPT mot s0 k¥ nang can thiét trong day hoc Dai
50, Giai tich”, “Ren luyén k¥ ndng giai toan cho
HS bang phuong phéap vécto, trong chuong trinh
hinh hoc 10” (Chuong LII - Hinh hoc 10 - Sach
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glao khoa nang cao), “Ren luyén cho HS THPT mot
s6 k¥ nang bién doi d6i tuong trong day hoc bai
tap toan”, “Rén luyén cho HS k¥ nang t;en hanh
cac hoat dong tri tu¢ trong giéi Toan Pai so va Giai
tich”... Bén canh do, mot so tac g1a quan tdm nghlen
ctru vé ing dung cac loai k¥ nang vao thue tien su
pham nhu: Diang Thanh Hung, Nguyén Vin Loc,
Hoang Thi Anh, Tran Qudc Thanh...

Nhin chung, cac cong trinh nghlen ctru trén da
cho thay ky nang trong lao dong san xuat noi chung
va trong day hoc toan noi rleng Tuy nhién, cac cong
trinh nghlen cuu chua di sdu vao viéc rén luyen ky
nang gidi todn tu ludn va trac nghlem d01 voi chu de
“Ung dung dao ham dé khao sat va v& dd thi ham s
cho HS 16p 127,

3. Phuwong phap nghién ciu

Nghién ctru dugc thuc hién dya trén viéc phan
tich va tong hop céc tai liéu ly luén vé phuong phéap
day hoc, dac biét 1a cac tai licu viét vé rén luyén
ky nang giai toan cho HS. Bén canh do, thong qua
phleu hoi, du gio, trao doi, tham khao y kién mot
s0 gido vién (GV) ¢6 kinh nghlem giang day va HS
dé tim hleu thuc té day va hoc noi dung ung dung
dao ham dé khao sat, v& db thi ham sd. Dong thot,
nghién clru con st dung phuong phap thong ké toan
hoc dé xur Iy va phan tich s6 li¢u.

4. Két qua nghién ctru

4.1. Thuc trang day hoc irng dung dao ham dé

khao sat va vé do thi ham so cho hoc sinh I6p 12
0 cdac truong Trung hoc pho thong ¢ huyén Dién
Bién Béng, tinh Dién Bién

bPé danh gia thuc trang day hoc “Ung dung dao
ham dé khao sat su bién thién va vé d6 thi ham s6”
nhom nghlen curu da khao sat thuc trang day va hoc
ndi dung nay thong qua phiéu hoi danh cho 08 GV
va 100 HS tai cac Truong THPT Tran Can, THPT
Muong Luan, Phd thong Dan toc ndi tra THPT
huyen bién Blen Pong. Két qua khao sét cho thay:

Déi véi GV: Do han ché vé thoi gian, lai thém
nhén thirc cia mot by phan HS chua tot, nén vigc
GV huéng din HS tlep can va hiéu céc dinh nghia,
dinh 1y chua thyc su hiéu qua. Co dén 37,5% GV
dugc hdi cho rang thuong xuyén chi doc va ghi
céac dinh nghia, dinh ly 1én bang va yéu cau HS ghi
chép, chir chua t6 chirc cho HS cac hoat dong hinh
thanh kién thirc. Do d6, HS con tlep thu kién thurc
mot cach thu dong. Bén canh d6, mot so GV rén ky
nang giai toan cho HS con thidu hé thong, viéc stra
chira sai s6t cho HS chua thuong xuyén, qué trinh
day hoc chu yeu 1a hudéng dan giai bai tap. Thong ké
phiéu hoi cho thay, GV chua thuong xuyen to chure
cho HS phén tich dé bai va suy luén tur cac dir kién
cua dé bai de dua ra dinh huo‘ng vé cach giai. Pic
biét, mot s6 GV chua cha y ren k¥ nang tu duy glal
nhanh va chinh xé4c cau hoi tric nghiém; k¥ nang sir
dung cong thure tinh nhanh; k§ ndng st dung méy
tinh cam tay Casio hodc Vinacal.
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D6i voi HS: Mot bo phan HS con thiéu dinh
hudng, phuorng phap hoc tap, nhiéu HS chua tu gidc
hoc, thuong ¢ gang hoan thién bai tap bang moi
cach, ma khong chu trong den viée rén k¥ nang giai
toan cho minh. Khi van dung dinh nghia, dinh ly
vao bai tap, nhiéu HS con mic sai lam do chua hiéu
ban chét. Khi giai toan HS con thiéu ky nang phan
tich bai, thiéu kha nang suy luan tir cac dir kién bai
toan dé glal quyet van dé, kha ning suy doan, tim
101 giai con han ché, viée str dung may tinh dé g1a1
todn trac nghlem chua tot Nguyen nhan la do con
yeu vé k¥ néng gan két glua cac gia thiét va két
luén, dong thoi thleu k¥ ning vé logic trinh bay.
Dbi v6i bai tap trac nghlem cac phuong an nhiéu
thuong gan glong v6i dap an, nén HS kho phén biét
dugc phuong an ding, do khong hiéu ban chat va
thiéu ky nang lam bai.

Dé khic phuc han ché trén, can dé xuit cac bién
phdp rén mot so ky nang gidi toan g dung dao
ham dé khao sat va vé d6 thi ham s trén co so xac
dinh cac k¥ ning can rén cho HS.

4.2. Day hoc gidi bai tdp todn

4.2.1. Vai tro cua day hoc gidi bai tgp todan

Theo Nguyén B4 Kim (Kim, 2015, tr.303), vai
tro cua bai tap toan thé hién trén ba binh dién: (1)
Thur nhdt, muc tiéu day hoc, bai tdp toan & tru'orng
phé thong la gid mang nhiing hoat dong ma viéc
thuc hién cac hoat dong d¢6 thé hién mic do dat muc
ticu. (2) Thir hai, ndi dung day hoc, nhiing bai tap
todn la gia mang hoat dong lién hé dén nhung noi
dung nhat dinh, mét phuong tién cai dat noi dung daé
hoan chinh hay b sung cho nhing tri thirc nao do
da duoc trinh bay trong phan 1i thuyét. (3) Thit ba,
phuong phép day hoc, bai tap todn la gia mang hoat
dong de nguoi hoc kién tao nhitng tri thirc nhat dinh
va trén co s¢ do thuc hién nhitng muc tiéu day hoc
khac. Khai thac tot bai tap nhu vay s€ gop phan t6
chirc cho HS hoc tap trong hoat dong va bang hoat
dong tu giac, tich cuc, chu dong, sang tao dugc thuc
hién ddc 1ap hoac trong giao luu.

Nhu vay, bai tap c6 vai tro quan trong trong mon
Toan, thé hién & vi tri va chirc ndng cua bai tap.
Gidi bai tap toan la hinh thirc t6t nhat dé cung c0, h¢
thdng hoéa kién thirc va rén luyén ky nang, la h1nh
thirc van dung klen thirc da hoc vao nhung van dé
cu the vao thuc té, vao nhiing Van dé moi; 14 hinh
thtre tot nhit dé GV kiém tra vé nang luc, vé mirc
d6 tiép thu va kha nang van dung kién thie da hoc
cua HS. Giai bai tap c6 tac dung 16n trong vi¢c tao
hirng thii hoc cho HS nham phat trlen tri tué va gop
phan gi4do duc, rén luyén HS nhiéu mit. Vi Vay, to
chire hi¢u qua vigc day hoc giai bai tap toan co vai
tro quyet dinh d6i vé6i chat lugng day hoc Toén.

4.2.2. Cach thurc day hoc gidi bai tdp toan

Trong mon Toan & tru(‘rng THPT, khong phéi bai
toan nao cling co thuat glal va ciling khong c6 mot
thuat giai tong quat dé ap dung cho tat ca cac bai

S



KHOA HOC, GIAO DUC VA CONG NGHE

todn. Thong qua viéc day hoc giai toan, GV t6 chirc
tao tinh huong dé HS chu dong suy ngh1 tim 101
giai cho moi bai. Day hoc giai bai tap toan khong co
nghla la GV cung cap cho HS 1061 giai, ma lam thé
nao dé HS g1a1 duoc bai. Bé phat huy tinh himg tht,
chu dong, sang tao, phat trién tu duy cua HS trong
qua trinh hoc, GV can tao diéu kién dé HS tham gia
dé hinh thanh quy trinh chung, phuong phép tim 161
gidi cho mot bai toan. Dya trén nhing tu tuo’ng tong
quat cua G. Polya (1975) vé cach thirc giai toan da
dugc kiém nghiém trong thyc tién day hoc, co thé
néu ra phuong phap tim 101 giai cho mot bai toan
thuong dugc tién hanh theo 4 budc sau:

Bue 1: Tim hiéu nodi dung dé bai. Dé giai dugc
mdt bai toan, trudc hét phai hiéu bai d6 va himg tha
Vi viée g1a1 bai d6. Vi thé GV can chu y kich thich
tri t0 mo, hung thu cho HS, glup cac em tim hleu
bai mot cach tong quat. GV co thé cho HS phat biéu
bai todn d6 dudi nhitng dang thirc khic nhau, sau
d6 phén tich bai toan di cho dé xac dinh dau la an,
dau 1a dir kién.

Bude 2: Tim cach giai. O budc nay, can phan
tich bai toan da cho thanh nhiéu bai toan don gian
hon. Phai huy dong kién thuc da hoc (dinh nghia,
dinh ly, quy tac...) lién quan den nhung diéu kién,
nhing quan hé trong bai toan rdi lya chon nhing
kién thic c6 thé sir dung, tr do dinh huong cach
giai. Xét vai kha nang c6 thé xay ra, ké ca truong
hop déc bi¢t. Lién h¢ véi mot bai toan twong tu hay
mot bai toan téng quat hon, st dung phuong phap
dac thu véi ting dang toan.

Budre 3: Trinh bay 16i gii. Bat dau tir cach giai
hop 1y da hinh thanh & trén, can sip xép cac viéc
can lam theo mdt trinh tu nhat dinh, thich hop va
tién hanh thyc hién cac budc do.

Budc 4: Nghién clru siu 161 gidi. Can kiém tra
lai két qua, xem lai cac 1ap luan trong qua trinh giai;
nhin lai toan bg cac budc gidi, rit ra tri thirc phuong
phap dé giai mot loai bai toan nao dé; nghién ciu
nhiing bai todn twong tu, mé rong hay lat nguoc van
d8&; dé xuét bai toan twong tu, bai toan dic biét hodc
khai quat hoa bai toan. Viéc ki€m tra 101 giai cua
mot bai toan ¢ ¥ nghia quan trong vi trong nhicu
truong hop, két thiic clia bai toan nay lai mo dau
cho mot bai toan khac.

Nhu vy, qua trinh HS hoc phuong phap chung
gidi bai toan la qua trinh bién nhiing tri thirc phuong
phép tong quat thanh kinh nghiém giai toan thong
qua bai todn cu thé. Mdi budc trong quy trinh néu
trén déu co tam quan trong rleng Co the HS tim
thiy mot 4 mau chét va bo qua viéc chuin bi dé tién
to1 cach giai, GV nén khuyen khich m¢t cach kip
thoi dé phat huy tinh sang tao cua HS. Tuy nhién
khong phai gap bai toan nao cling ¢6 thuan lgi do.
Viée dua ra yéu cau giai quyét bai toan phai dugc
chu trong thich dang, goi cho HS khat vong giai
toan cung véi nhitng chi dan, goi y phu hop, dé HS
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don nhéan va giai quyét nd mot cach tu nhién. Dé bai
toan phai dé hleu trong chirng muyc nhat dinh GV
c6 thé kiém tra bang cach dé HS nhac lai dau bai,
ngoai ra yeu cau HS chi ra nhung phan chinh cua
bai todn véi h¢ thong cau hoi: cai gi chua biét? cai
gi da cho trude? didu kién ciia bai toan 1a gi?

Vidu 1: Tim tat ca cac
gia tri thuc cua tham s6 m -
sao cho ham s g +

y=x-2m-1)x*+m -2

X 1 3

A . A IR , 10
dong bién trén khoang

(1:3)? 1,
Yéu cau dat ra doi hoi
HS thyuc hién dugc: Tim tap
xdc dinh cua ham so Tlm »y’, co lap m. Piéu ki¢n
dé ham s dong bién y'=0 (voiy' =0 tai mot so
hiru han d1em) Cu thé, bai toan chi yéu cau ham 5O
ddng bién trén khoang (1;3) nén ta pha1 tim m de y'
>0, Vx € (1;3) (v6i y' = 0 tai mot sé hitu han diém)

Khi xét: y'=4x*-4 (m - 1)x >0, Vx € (1;3) <=>
X+ 1>m, Vx € (1;3)

Khi d6 ta quy vé tim mién gi4 tri cta ham sb
g(x) =x*+ 1 trén khoang (1; 3)

Tir mién gia tri ciia ham s0, suy ra dleu kién m
can tim. Tuy nhién, lam thé nao dé HS hleu dugc va
van dung dugc phuong phap chung dé g1a1 nhiing
bai toan cu thé lai 1a cau hoi luon dat ra voi GV, Cén
phai cho HS thay, hoc phuong phap chung dé giai
toan khong phai 1a hoc mdt thuat toan ma 1a hoc
nhiing kinh nghiém giai toan mang tinh chat tim toi
phat hi¢n. Thong qua vi€c giai moi bai toan cu the
can nhn manh @ HS nim duogc phuong phap bbn
budc va ¢ y thirc van dung 4 budc vao giai toan.
GV ciing can datra nhiing céu hoi goi mo ding tinh
hudng, pht hop véi bai toan dé HS suy nghi, tim
t0i, du doan, phat hién dé thuc hién timg budc trong
phuong phap chung giai ba1 toan.

4.3. Ren Iuyen mot 56 ky nang gidi todn u’ng
dung dao ham dé khdo sdt va vé do thi ham so

4.3.1. Ren luyén ky nang gidi toan

C6 thé hiéu: “K¥ ning gidi toan la kha nang van
dung céc tri thirc todn hoc dé gidi cac bai tap toan
bang suy luan, chiing minh”. “K¥y nang giai toan la
kha ning van dung c6 muc dich nhiing tri thirc va
kinh nghlem da co6 vao giai nhirng bai toan cu thé,
thuc hién co két qua mot hé thong hanh dong giai
toan dé di dén 10i giai cua bai toan mot cach khoa
hoc”.

Trong qua trinh rén luyen ky nang gidi toan cho
HS can xéc dinh céc ky nang can thiét nhu: Nhom
ky nang chung; nhom ky nang thuc hanh; nhoém ky
nang ve tu duy T do, GV co thé 6 chitc rén cho
HS theo cac cap do: Blet lam, thanh thao va sang
tao giai cac bai toan cu thé trong gidi toan.

4.3.2. Ren luyén ky nang giai bai tdp tw ludn
4.3.2.1. Rén luyén cho hoc sinh k¥ nang suy
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luan thong qua cac dit kién bai toan

Khi gidi toan, HS thuong khong biét bit dau tir
dau, khong biét van dé ndm & chd nao, d6 chinh la
biéu hién cua thiéu kha ning suy luan. Vi vay, can
rén cho HS k¥ ning suy luan, tirc 1a rén mot phan
cua tu duy toan hoc. Viéc lam do duoc thong qua
khai thac triét dé nhiing tinh hudng c6 thé rén ky
nang suy luan cho HS. Theo Pham Van Hoan: “Mot
mdi truong khong c6 dung y su pham thi khong
du dé chi thé klen tao dugc tat ca klen thirc ma xa
hoi mong mudn ho linh hoi dugc”. Dé rén luyen ky
nang suy luén cho HS, GV can quan tam, luu ¥ mot
sO van dé sau:

1) Thu nhit, can tao nhiéu co hoi dé HS tap
duyét, tién hanh cac hoat dong suy dién. Béi vi nho
suy dlen ma hinh thanh k¥ nang phan tich va giai
quyet van de Giai toan 1a mét trong nhung cach
pho bién dé cai thién k¥ nang phan tich, cac bai toan
co su logic, chit ch€, budc HS phdi van dung nhiing
thong tin, dit kién c6 sin dé tim ra dap an. Qua do,
HS biét van dung thong tin mét cach hop ly, ding
lac, dung chd dé co dugc cau trd 101, gitip ning dan
k¥ nang phan tich. Chang han, khi day hoc xét tinh
don di¢u cua ham so. Sau kh1 HS hoc xong diéu
kién can va du vé tinh don diéu ciia ham s0, GV co
thé yéu cau HS x¢t tinh don diéu ciia ham so cu the
Tt do, HS co thé dinh hinh duoc céc cong vige can
lam de x¢ét tinh don di¢u ctia ham s6 thong qua diéu
kién can va du; dong thoi, HS tu Xay dung cac budc
xét tinh don dleu cua mot ham s6 cho trudce: (1)
Budc 1: Tim tap xac dinh cta ham s6 y = flx); (2)
Budc 2: Tinh dao ham f"'(x) va tim cac diém X, a0
cho f'(x,)) = 0 hodc f"(x,) khong xac dinh; (3) Bude
3: Lap bang xét dau va dua ra ket luan.

2) Thtr hai, cha trong khai thdc nhiing tinh
huong luyén tap cho HS kha nang suy dién, giai
quyét nhitng van dé lién quan dé boi duorng tri thue
phuong phap cho HS. B¢ thuc hi¢én vigc nay GV
can ting cuong hoat dong goi dong co dé HS tim
toi, kham pha.

4.3.2.2. Reén luyén cho hoc sinh ky ning du
doén, dinh hudéng trong qua trinh giai quyét van dé

‘Trong day hoc gidi bai tap toan, can tao cac tinh
huong dé HS du doan. Mac du, néu dé HS du doan,
mo mam, tim toi rat mat thoi gian, khoi luong klen
thue truyen thu cho HS duoc it trong mdt tiét hoc,
nhung sé thiic day tu duy cua HS de cac em co the
doc lap hon khi giai quyét van dé. Theo G. Polya
“Ngay luc bat tay nghiém chinh vao viéc giai bai
toan, da c6 cai gi d6 thuc giuc chung ta nhin Ién
ph1a trudc. Thuong chung ta thir doan trude dleu g1
s& dién ra: Chung ta chd doi no dé dién vao day, co
du doan duong bao cua 161 giai. Puong nét a 4y co thé
mo ho, it hodc nhi€u, tham chi c6 thé khong chinh
xdc ¢ mirc do nao do, nhung trong thue t€ thuong
duong bao ay khong dén ndi sai 1éch” (Polya, 2010,
tr.216). Nhu vy, viéc rén luyén ky nang du doan
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cho HS rat hitu ich, nén trong qua trinh rén luyén
cho HS, GV can luu v mot sO ndi dung sau:

1) Thit nhat, GV ¢6 quan diém va thai do dung
muc vdi viéc tap luyén cho HS dy doén va can ctr
vao nhan thirc cua HS dé yéu cau mic do doc lap
cua HS du doan. Boi I€, du dodn la dinh huéng tao
ra cac cach thic va thu phap phat hién yéu cau can
thuc hién.

2) Thir hai, can lam cho HS hiéu duoc ban chét
cua du doan khong phai 1a nhiing thuat giai dam
bao chac chan ma chi la nhitng goi y dé dinh hudng

giai quyét van dé. ’ 2x+1
Vi du 2: Cho ham s6 YV = 1
x —

(C). Viét phuong trinh tiép tuyén cta dd thi (C) ke
tir M(3;2).

O day HS s& du doan, diém M chinh 14 tiép diém
va thyc hién viét phuong trinh tlep tuyén bang cach
tim ra h¢ s6 goc k = y’(3) sau d6 ap dung cong thirc
viét phuong trinh tiép tuyen voi tiep diem M. Tuy
nhién day la 1 du doan sai do HS khong hleu hét
ban chét ctia cum tir ké tr M. Tt nhién la tiép tuyen
s¢ duoc ké tir M nhung van c6 thé c6 tiép tuyén cua
do thi (C) chi di qua M ma khong nhan M lam tiép
dtem Boi nhu truong hop nay M khong nam trén
do thi (C)

3) Thir ba, trong qua trinh tap luyén cho HS du
doén, can thé hién quan hé bién ching giira suy dién
va quy nap dong thoi dong vién khich 18 tinh than
HS.

co do thi la

4) Thir tu, can lam cho HS xac dinh dugc y
nghia cta hoat dong du doan. GV can tao ra nhiing
tinh hudng 1am cho HS thiy dwoc ¥y nghia ctia hoat
dong du doan.

Mubn HS ¥ thirc dugce § y nghia ctia hoat dong du
dodn, thi trong day hoc can tao ra cac tinh huong
dé thong qua do HS thay dugc trong van dé nay
khau then chdt nim & chd dy doan. Nho du doan
ma minh dua ra cach biéu dién hop 1y va cac thao
tac phu hop.

4.3.2.3. Rén luyén cho hoc sinh k¥ ning phat
hién, thiét 1ap sy trong tng gitra cac d6i tuong tham
gia trong bai toan.

Phat hién su twong Umg tirc 1a nhan ra mot mdi
lién h¢ twong ng ton tai khach quan. Nham phat
hién ra nhiing tinh chat ctia nhitng mbi lién hé nao
d6. Theo Nguyen Ba Kim: “Tap luyén cho HS phat
hién, thiét lap, nghién ctru va loi dung nhung su
tuong ung trong khi nhim vao truyén thu va rén k¥
nang Toan hoc” (Kim, 2015).

Trong day hoc néu HS ¢6 y thirc va k§ nang xét
su tuong ung thi viée tim ra hudng gidi quyét bai
toan s€ d& kho khan hon, céch 1ap luén s€ c6 can clr
xac dang hon, nhiing sai sét trong 1ap luan it mac
phai.

Vi du 3: Tim m dé phuong trinh duong thang y
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= mx + 2m - 2 (d) tiép xtic véi dd thi (C): y = x* - 3x2
+ m tai 2 diém phan biét.

Co HS da lap luan nhu sau: Pé (d) tiép xuc véi
(C) tai hai diém phan biét khi va chi khi phuong
trinh hoanh d6 giao diém: x*- 3x> + m = mx + 2m - 2
¢6 2 nghiém phan biét.

Sai 1am cua HS v day la khong phan biét duogc
sy tuong ung ban chit cia hai khai niém “dleu kién
tlep Xuc cua duong cong (C) va duong thing (@)”
vGi “s6 nghiém cua phuong trinh hoanh do giao
diém cua hai do thi”.

Trong qua trinh gidi phuong trinh, c6 nhiéu bai
toan HS can dat an phuy dé chuyén phuong trinh vé
dang an moi. Khi d6 viéc phat hién dugc su tuong
Lrng giita an ban dau va an sau khi dat & an phu la vo
cung quan trong dé co duoc dap s chinh x4c.

4.3.2.4. Rén k¥ nang phan chia cac truong hop
riéng trong qua trinh giai toan

Vén d& rén cho HS nhung ky nang can dugc
dat vao mot tinh hudng goi van de, chtr khong phai
thong bao tri thuc dudi dang san co. HS phai tu
giac, tich cuc, chu dong sang tao, tan luc huy dong
tri thirc va kha nang cua minh daé phat hi¢én va giai
quyét van dé chir khong phai nghe thay giang mot
cach thu dong.

Khi nghién ctru céc bai toan lién quan dén ung
dyng cta dao ham de khao sat sy bién thién va vé
do thi ham s0 ¢6 nhiéu dang bai toan lién quan mat
thlet voi phan chia va xem xét cac truong hop riéng.
DPb6i voi moi bai nhu Vay HS can nhin thau ddo,
ngon nganh van dé dé c6 thé luong trudc het duoc
cac kha nang c6 thé xdy ra thi mai giai quyét duoc
bai toan mot cach triét dé.

Vi du 4: Cho ham s6 y = f{x) = x* - 2x* - 3 ¢6 dd
thi (C) nhu hinh bén

Hay bién luan theo tham s6 m ’sé nghiém cua
phuong trinh: '

2x*-4x2 -6 =m (*)

Bai toan trén cho do thi
cua ham 56 v6i dung y s€ sir
dung db thi dé bién luan s
nghiém cua phuong trinh
la cach t01 uu nhit. HS dé .
dang bién d6i phuong trinh (¥) vé dang xt-2x2-3
=m/2. Khi d6 HS s€ nhén dinh dugc s6 nghiém cua
phuong trinh (*) bang s6 giao diém cua dd thi (C)
va duong thang y = m/2.

Dén luc nay HS sé& nhan thay khi m thay d01 thi
dd thi ham s0y = m/2 cung thay dbi theo va dong
nghla v6i sb giao diém cua 2 dd thi cling thay doi.
HS sé& chon ra nhirg méc tiéu biéu nhat dé bién
luan trong cac tryong hop Do la tai nhung d1em ma
tai d6 s0 giao diém cua hai do thi co sy thay ddi so
v6i diém lién ké véi no.

Ta co:
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Truong hop 1: Voi m/2 <-4 <=>m < -§, phuong
trinh vo nghiém.

Truong hop 2: Véim/2=-4vam/2>-3<=>m=
-8 va m > -6, phuong trinh c6 hai nghi¢ém phan biét.

Truong hop 3: Véi -4 <m/2 <-3<=>-8<m<
-6, phuong trinh ¢6 4 nghiém phéan biét.

Nhu vay, bang cach phan chia cac truong hop
HS da giai quy€t dugce tat ca cac truong hop xay ra
vo1 tham s6 m va thuc hién dugc bai toan bién luan.

4.3.2.5. Rén cho hoc sinh k¥ ning v& va doc do
thi

Doc db thi tirc 1a khai thac thong tin tir d0 thi,
phat hién tinh chat cua mdt ham so thong qua dé
thi cta nd. Vi vay, can thuong xuyen yéu cau HS
can ctr vao do thi ctia mot ham s6 dé tinh gla tri cia
no6 ung v6i mot gia tri nao d6 cua dbi sb, tinh cac
gia tri cua doi s6 ung véi gia tri nao d6 cua ham
s0, giai phuong trinh bang d6 thi. D€ phat trién cho
HS phuo’ng phap cu thé ho4, triu tuong hoa, khai
quat hod can cht trong rén k¥ ning vé doc dd thi,
biéu dién trén truc s6. Theo Nguyen B4 Kim, “Vlec
rén luyen ky nang doc va v& do thi, bleu dlen truc
s6 ciing ¢ y nghia gido duc va thyc tién. Can pha1
rén luyén cho HS thanh thao k¥ nang nay trong qua
trinh giai toan” (Kim, 2015).

4.3.2.6. Rén cho hoc sinh ky nang van dung céc
thao tac khai quat hod, dac bi¢t hod, tuong tu trong
giai toan

Theo G.Polya da viét: “Ban than sy kién khai
quat hoa, dac biét hoa, tuong tu 1a nhiing nguon gbc
vi dai cua sy phat m1nh” (Polya, 2010). Bé rén cho
HS k¥ nang van dung céc thao tac khai quat hoa,
dac biét hoa trong giai toan can thuc hién nhu sau:

1) Thir nhét, trong day hoc néi chung va day hoc
giai bai tap toan noi riéng can khai thac nhiéu bai
tap cung loai dé co thé tap luyén cho HS van dung
khai quat hod, dac biét hoa, tuong ty.

2) Thit hai, can khai théc bai todn c6 nhiéu cach
giai ma moi cach giai s€ goi 1én mot phuong hudng
khai quat hoa bai toan.

Trong qua trinh hoc toan va giai toan, khi da tim
ra 101 giai cho mot bai toan v6i mot 1y do nao do
ta thuong bang long voi cach g1a1 do va khong tim
toi xem thir bai toan nay c6 thé giai bang mot cach
khac, c6 thé van dung kién thirc khac dé giai bai
toan hay khong GV can cho HS nhan ra trong hoc
todn, viéc giai toan va tim thém nhirng 101 giai khac
cua mot bai toan nhiéu khi gap nhiéu diéu thu vi.
GV cén tao dong luc dé HS khao khat tim chién
lugc maéi cho 101 giai.

4.3.3 Rén ky nang giai bai tdp tric nghiém

4.3.3.1. Ren ky nang tw duy giai nhanh va chinh
xac cau hoi trac nghiém

pé lam tot bai tap toan trac nghlem ngoa1 viée
nim chic kién thirc, HS can rén ca k¥ nang dé co
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thé phan tng nhanh voi cac dang bai tap. Trong
qua trinh day gidi bai tdp toan néi chung va day
giai bai tap trac nghiém ndi riéng can rén luyén
cho HS nhu sau:

1) Thir nhat, ren luyen cho HS ky nang doc
nhanh, doc du, hidu sau: Piém dic _trung cua hinh
thirc tric nghlem 1a toc d6 1am bai dé do 1u0’ng phan
xa cua HS trong mot thoi gian han ché. Vi vay HS
can tong hop tat c4 cac dit kién dé bai cho, Iya chon
uu tién cac dir kién quan trong hon dé loai dap an
nhidu cang nhiéu cang tot. Muodn lam dugc nhu vay
cac em phai phén loai dugc dbi twong, nhan biét
duogc kién thuec lién quan. Gach chan nhiing cum tir
quan trong trong cau hoi.

2) Tht hai, rén luyén dé HS c6 phuong phap
klem tra dap an: Trong nhiéu tru'orng hop, HS co
thé st dung tryc tlep cac phuong an dé kiém tra
xem c6 thoa man yéu cau dé bai hay khong. Day
ciing la cac dé chon lya dugc dap an kha nhanh va
chinh xéc. Tuy nhién s6 luong nhung cau nhu Vay
thuong khong nhiéu, dic biét dm vGOi nhitng dap an
¢6 nhiéu truong hop, thi HS can nhé: Khi klem tra
mot truong hop trong déap 4n sai thi chic chan bj
loai, tuy nhién, néu thay mot truo’ng hop trong dap
an do ding, chua chic toan bo dap an diing ma can
kiém tra toan bo.

Vi du 5: Tim gia tri 16n nhit ctia tham sd m dé
ham s6 ¥y =1/3x* - mx* + (8 - 2m)x + m + 3 dong
bién trén R.

A-m=2. Bm=-2. Cm=4. D.m=-4.

Vi bai toan nay HS c6 thé thay truc t1ep dap an
vao de kiém tra. Tuy nhién khi thay can luu y y dé bai
yéu cau gia tri 16m nhét cia m nén ta s& thay 1an luot
tur g1a tri 16n dén nho ctia m, khi d6 gla tri nao thoa
man trudc (tie 1a 16n hon) s€ 1a dap an cua bai toan.

Vay gia tri 16n nhat cia m dé ham sé dong bién
trén R la m = 2.

3) Thir ba, rén luyén ky nang dung phuong phép
loai tru: Voi céac dang dé tric nghiém, st dung
phuong phap loai trir cling 1a cach dé tim ra dugc
phuong phap giai nhanh. Khi chua giai dugc cu thé,
HS c6 thé sir dung phuong phéap loai trir dé chon
dugc dap an dung.

4) Tht tu, rén luyén cho HS phuong phap udc
luong: Véi cac dang bai tinh gia tri hodc so sanh gia
tri doi khi can su dung cac phuong phap bién doi
két hop uéc lugng . dé tim duoc phuong an chinh
xac nhit. Ban chi can thyc hién mot vai phép bién
d6i co ban 1a ¢6 thé tim ra duoc déap s6.

5) Thir nam, rén luyén cho HS phuong phap tu
duy loai dung diém bién va didm thuén loi.

6) Thtr sau, rén luyén cho HS phuong phap tu
duy dac biét hoa. Trong thuc hanh giai toan trac
nghiém, phuong phép tu duy dac bi¢t hoa phat huy
nhleu tac dung boi HS co thé dung dé tim dap an
bang cach cho cy thé mot gia tri ddc biét nao d6
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trong mot tip gia tri cua dap an dé kiém tra tinh
dang sai.

4.3.3.2. Rén cho hgc sinh k¥ nang st dung cong
thirc tinh nhanh

Khi giai toan tric nghiém, cac cong thuc tinh
nhanh cung la mot cong cu hiru ich dé tim nhanh
cac dap an trong mot sO truong hop. Cac cong thic
nay déu dugc xay dung trén nén tang cua nhirng suy
luan, bién doi, chung minh. Chang han: Cong thuc
giai nhanh cac bai toan cuc tri ham s6 bac ba y = ax®
+ bx* + cx + d (a # 0); cong thirc giai nhanh cac bai
toan cuc tri ham trung phuong.

4.3.3.3. Ren cho hoc sinh ky nang sir dung may
tinh cam tay Casio hodc Vinacal

Pbi v6i moén Toan, ki nang tinh todn nhanh,
cham, mirc do chinh xdc déu c6 anh hudéng nhat
dinh dén két qua cua bai. O mot s bai toan, du cac
buéc thuc hién HS deu nam dugc, nhu’ng do ky
nang tinh toan chua chuan nén két qua khong chinh
xdc, mac du cac bude trinh bay bai giai déu ding.
Vi the GV can huo‘ng dan HS biét sir dung may tinh
cam tay trong viéc giai toan cho chinh xac.

Trong chu(mg “Ung dung dao ham de khdo sat
su blen thién va vé do thi ham $0” co nhiéu bai toan
¢6 thé str dung méy tinh cam tay dé giai quyét céc
cau hoi dac biét 1a cau hoi trac nghiém. Do d0, can
rén cho HS mot sd ky nang lién quan dugc thuc
hién trén may tinh cam tay Casio fx 570VN PLUS
nhu ky nang tinh dao ham ctia ham s6 tai mot diém;
ky nang su dung bang (st dung mod 7); ky nang
giai phuong trinh trén may tinh cam tay; k¥ nang sir
dung chuc nang CALC;...

5. Théo luén

Trong qua trinh day hoc, cung véi viéc truyén
thu tri thie, rén luyén ky nang 1a mot nhiém vu
quan trong thuc hién muc ti€u day hoc mon Toan
o tru:ong THPT. Dé rén luyén ky nang gidi toan noi
chung va ky nang gidi toan “Ung dung dao ham
khao sat va vé d6 thi ham s6” néi riéng, gop phan
bdi dudng ning luc giai toan cho HS, GV can ¢6
phuorng phap day hoc phtt hgp nhiam gitip HS clng
co qun thirc, ren luyén ky nang, phat trién tu duy
va pham chat ciia con nguoi méi, dap ung muc tiéu
doi maéi gido duc hién nay.

Trong chuong trinh giai tich 12, ngi dung ung
dung dao ham dé khao sat va vé do th1 ctia ham so
c6 mot vi tri dac bi¢t quan trong, ¢ s6 tiét chiém
ty 1 cao trong chuong trinh. Uu diém cua phuong
phép nay la rat hiéu qua va dé sir dung khi giai todn
lién quan dén khao sat ham so. Co nhleu dang toan
don gidn ma hoc sinh trung binh, yéu c6 thé tiép
céan. Bén canh do, c6 rat nhicu céc bai toan phirc tap
¢6 thé dugc giai quyét don gian hon bang phu’orng
phap dao ham. Céc dang toan trong chu dé nay déu
theo mach kién thirc rat logic xuyen sudt noi dung
cua chuong. V&i sy phat trién cua khoa hoc cong
nghé, GV c6 thé ung dung rat nhiéu phan mém dé
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hd trg vé do thi, cac hinh anh minh hoa truc quan
sinh dong dé gitip hoc sinh nhan thirc sau sdc van
dé. Tuy nhién, khi day chu dé nay GV cung gap
phai khong it nhimg kho khan boi hoc sinh con méac
phai nh1eu sai 1am. Nhiing sai lam ma cic em mac
phai rat khé co thé ty minh khic phuc dugc néu
khong c6 sy huéng dan cua nguoi thay Cu thé, hoc
sinh thu’ang mic sai lam khi khong nam ying dmh
nghia v¢ tinh don diéu ctua ham so. Nhiéu khi cac
em khong chuy dén cac diém tol han ctia ham s6, vi
vay vi¢e xét dau cua dao ham y s& bi sai. Bén canh
do la sai lam khi vén dung cac cong thirc tinh dao
ham; sai lam khi tinh dao ham ctia ham s6 tai mot
dlem Khi str dung quy tac I de xac dinh cuc tri ctia
ham s, hoc sinh ciing quén rang d6 chi la diéu kién
da chu khong phai 1a diéu kién can... Mit khac, ddi

v6i nhiéu cau hoi & mirc do nhan biét don glan HS
con chu quan, voi vang khong doc ki dé nén van
chon sai dap an.

6. Két luan

Thuyec tién day hoc cho théy, viéc boi dudng k¥
nang giai toan cho HS da duogc quan tdm. Tuy nhién,
méi chi dfmg o cac ky nang gidi todn noi chung, ma
chua di siu phan tich va rén ky nang cu thé doi voi
giai toan ° Ung dung dao ham dé khao sat su blen
thién va v& do thi ham s6”. Do d6, dé nang cao chat
lugng day hoc toan ndi chung va day hoc giai toan
“Ung dung dao ham dé khao sat sy bién thién va
v& d6 thi ham s” noi rleng, nghlen ctiru nay da xac
dinh cac ky nang co ban can dugc rén luyén cho HS
doi véi giai toan chu dé nay trén phuong dién giai
toan tu ludn va trac nghiém.
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Abstract

Math teaching and learning activities of high school students
are mainly solving exercises, thereby forming and training for
students math solving skills - an important goal in teaching
Mathematics.
by Nguyen Ba Kim (2015), Dao Tam (2010)...

Studies on Mathematical teaching methods

recognized

methodological knowledge as means and results of activities. In

addition, other studies have also paid attention to training math
solving skills for students, but the studies stop at training math
solving skills in general.

This article researches and identifies skills in solving essay
math, multiple-choice math that need to be practiced and proposes

methods of training math solving skills on derivative application
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to survey and graph functions for grade 12 students, with specific
study site is Dien Bien Dong district, Dien Bien province.
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Math solving skills; Derivative application; Survey and graph
function; Dien Bien Dong district, Dien Bien province.
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